United States Patent [ [1i] Patent Number: 4,831,528

Crawford et al. [451 Date of Patent: May 16, 1989
[S4] APPARATUS AND METHOD FOR 4,709,231 11/1987 Sakalbara ........ccccceveerereneces 340/729
IMPROVEMENT OF 3D IMAGES DERIVED 4,710,876 12/1987 Cline et al. ... .o 3407727 X

RAP 4,719,585 1/1988 Cline et al. .............. ... 3407729 X

FROM TOMOG HIC DATA 4,737,921 4/1988  Goldwasser et al. .....ccceeveeee 364/518

[75] Inventors: Carl R, Crawford, Milwaukee, Wis.;

gli,ham E. Lorensen, Ballston Lake, Assistant Examiner—Steven G. Kibby
U Attorney, Agent, or Firm—Thomas R. Morrison
[73] Assignee: General Electric Company,
- Springfield, N.J. [57] ABSTRACT

[21] Appl. No.: 118,628

Primary Examiner-——Jerry Smith

Data in tomographic images is convolved with a low-
pass filter to reduce the maximum spatial frequency

[22] Filed: Nov. 9, 1987 permitting unique mapping of surface images to a raster-
[51] Int.CL% ooo...... ... GOGF 15/42: G09G 1/06 ized  display. The filter may wuse linear or other
[52] U.S. CL woreoerrcenreenneeniresiaanns 364/413.22; 340,720  Weighting. Re-sampling after the filter is optional. The

[58] Field of Search ...........cccooo.n. 364/413.22, 413.19, filtered tomographic data is employed to determine the
364/413.13, 522, 413.16; 340,729, 727 locations and normal vectors of the surface. The loca-

) tions and normal vectors employed by a computer

[56] References Cited graphics processor for applying shading in relation to
U.S. PATENT DOCUMENTS the angle between the normal vector to a surface ele-

4,002,911 171977 Hounsfield .....ooooourrorecereern 378716 ~ ment and an operator- defined line of sight to the sur-

4,692,806 9/1987 Anderson et al. .. .. 358/166 X  face.

4,694,404 9/1987 Meagher ......ccccvvriincirersanes 364/518
4,607,594 10/1987 MAYO .cocerlivmruirarenenerenreranes 358/82 10 Claims, 6 Drawing Sheets

34
/
3§ 40 L A4 48 52
- | \. ! /
D?cT? QEQ' LOW—PASS MARCHING COMPUTER
, MR, u
SPECT, USCN) FILTER CUBES \ PGRR‘;‘CPE S'ggR \ DISPLAY

38 42 45 50



US. Patent May 16, 1989 Sheet 1 of 6 4,831,528
FIG. |







US. Patent  May 16, 1989 Sheet 3 of 6 4,831,528

—~— e

- — -]
m

26

N
M
N
i
N




May 16, 1989 Sheet 4 of 6 4,831,528

U.S. Patent

0s 9t A% 8¢
¥0SS300Yd ‘
. Y NOSN ‘123dS
AV1dSId SOIHJAYY9 S3EM AL ( N
¥3LNIW0D ONIHOYVA SSYd—MO1 DIV YLYa
[ | | I _/
s 8y 14 oY o¢
el
2y

L~

4




May 16, 1989 Sheet 5 of 6 4,831,528

U.S. Patent

0s 9 142 8¢
¥0SS3004d $38M0 ¥3LTH (Nosn ‘103dS
AY1dSIa SOIHJY Y9 JdNVS—3Y YW ‘12)
¥3LNdWOI ONIHOYVA SSYd-MO1 "DV VLVQ
N\m 8 44 vs ov a¢
el

bE L ﬂ .m~||‘




May 16, 1989 Sheet 6 of 6 4,831,528

U.S. Patent

86

L/ .\\\.Lvm

5\ o [ PP

4
A
Ve 4/

///—

£ 2 U

/7
Ve
A
N7

NI

™

L 7
‘{//
%

7 NN

ey
ez
7/

N Y
N ———0g

\ ﬁi\{\(\/r\/(\/ﬁ\‘@

9s

ﬂ

7, z
%
| SMOY
09
s ¢ ¢ l |
9g L9
SNAMIOD
JO11S :
LNdLNoO N

™Y
——
—

o~
w

SNAM0D

JO11S
1NdNI



4,831,528

1

. APPARATUS AND METHOD FOR
IMPROVEMENT OF 3D IMAGES DERIVED FROM
TOMOGRAPHIC DATA

BACKGROUND OF THE INVENTION

Tomographic medical imaging employs the collec-
tion of data from a plurality of views of a body. The
views are processed mathematically to produce repre-
sentations of contiguous cross-sectional images. Such
cross-sectional images are of great value to the medical
diagnostician in a non-invasive investigation of internal
body structure. The technique employed to collect the
data is a matter of indifference to the present invention.
Any technique such as, for example, X-ray computed
tomography, nuclear magnetic resonance tomography,
single-photon emission tomography, positron emission
tomography, or ultrasound tomography may serve
equally.

A body to be imaged exists in three dimensions.
Tomographic devices process data for presentation as a
series of contiguous cross-sectionat slices along select-
able axes through the body. Each cross sectional slice is
made up of a number of rows and columns of voxels
(parallelepiped volumes), each represented by a digital-
ly-stored number related to a computed signal intensity
in the voxel. In practice, an array of, for example, 64
slices may each contain 512 by 512 vozxels. In normal
use, a diagnostician reviews images of a number of indi-
vidual slices to derive the desired information. In cases
where information about a surface within the body is
desired, the diagnostician relies on inferences of the 3D
nature of the object derived from interrogating the
cross-sectional slices. At times, it is difficult or impossi-
ble to attain the required inference from reviewing
contiguous slices. In such cases, a synthesized 3D image
would be valuable.

Synthesizing a 3D image from tomographic data is a
two-step process. In the first step, a mathematical de-
scription. of the desired object is extracted from the
tomographic data. In the second step, the image is syn-
thesized from the mathematical description.

Dealing with the second step first, assuming that a
surface description can be synthesized from knowledge
of the slices, the key is to go from the surface to the 3D
image. The mathematical description of the object is
made up of the union of a large number of surface ele-
ments (SURFELS). The surfels are operated on by
conventional computer graphics software, having its
genesis in computer aided design and computer aided
manufacturing, to apply surface shading to objects to
aid in image interpretation through a synthesized two-
dimensional image. The computer graphics software
projects the surfels onto a rasterized image and deter-
mines which pixels of the rasterized image are turned
on, and with what intensity or color. Generally, the
shading is lightest for image elements having surface
normals along an operator-selected line of sight and
successively darker for those elements inclined to the
line of sight. Image elements having surface normais
-inclined more than 90 degrees from the selected line of
sight are hidden in a 3D object and are suppressed from
the display. Foreground objects on the line of sight hide
background objects. The shading gives a realistic illu-
sion of three dimensions. It is thus apparent that the
information provided by the surface normals to the line
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of sight are very important in producing a realistic 3D
image.

Returning now to the problem of extracting a mathe-
matical description of the desired surface from the
tomographic slice data, this step is broken down into
two subtasks, namely the extraction of the object from
the tomographic data, and the fitting of the surface to
the extracted object. A number of ways are available to
do the first subtask. For example, it is possible to search
through the signal intensities in the voxels of a slice to
discern regions where the material forming the object
has sufficient signal contrast with surrounding regions.
For example, signal intensities characteristic of bone in
X-ray tomography produce striking contrast with sur-
rounding tissue. A threshoid may then be applied to the
voxels to identify each one in the complete array lying
in the desired object from all not in the object.

Advancing to the second subtask, there are also a
number of ways to fit the surface to the extracted ob-
ject. Work has been done, for example, by Gabor Her-
man on a method in which each voxel is analyzed to
determine whether or not it belongs to the desired ob-
ject. If it does belong to the object, six rectangular
surfels, along with their surface normals, representing
the six surfaces of the voxel, are derived for input to
computer graphics software. At least partly due to the
differences between normals to the actual surface and
the normals derived from the orientations of the sur-
faces of the voxels, this technique produces images of
relatively low quality.

A method, called the marching cubes method, dis-
closed in U.S. Pat. No. 4,710,876, filed June 5, 1985,
which has been allowed, overcomes many of the draw-
backs of the above-mentioned prior work. The disclo-
sure of this referenced patent is herein incorporated by
reference. In this technique, signal values in eight cubi-
cally adjacent voxels in the tomographic array are ex-
amined for those having a specified relationship to a
selected threshold value. When the relationship is
found, a binary vector is generated characterizing the
manner in which the surface of the object passes
through the volume defined by the eight cubically adja-
cent voxels. Up to four triangular surface elements may
be defined in such a volume. Normal vectors to the all
surface elements thus discovered are input to computer
graphics software for display of a shaded 3D image.

The marching cubes method is successful in improv-
ing the 3D representation of objects derived from tomo-
graphic data. It is believed that the 3D image quality
produced by surface data caiculated from the marching
cubes method is improved because the surface normals
to the image thus derived are equal to the normalized
3D gradient of the original tomographic data.

A. further technique, called the dividing cubes
method, for deriving surface data is disclosed in U.S.
Pat. No. 4,719,585, filed Aug. 28, 1985. The disclosure
of this referenced patent is herein incorporated by refer-
ence. The dividing cubes method divides the voxel in
the tomographic array t6 values which the computer
graphics software can treat as a point for scan conver-
sion onto the raster scan of the 3D image. Surface nor-
mals to each point are derived from the normalized
gradients of the tomographic data.

The marching cubes and dividing cubes methods
produce an imaging artifact to which the present inven-
tion is addressed. A mismatch exists between the data
available from the marching cubes or dividing cubes
method and the data that can be handled by the conven-
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tional computer graphics software and hardware. This
mismatch is triggered by the disparity between the num-
ber of row or columns in a slice (generally equal) and
the number of slices. At some places on a rasterized 3D
image, the method may define more than one surface
element for mapping onto the same pixel in the image.
The conflicting surface normals may point in different
directions. The computer graphics software, without
information to guide it, selects one of .the surface nor-
mals to apply shading in that location, whether it is
correct or not. It has been discovered that this effect
produces ring-type artifacts at the top of a 3D image of
the human skull.

OBJECTS AND SUMMARY OF THE
INVENTION

It is an object of the invention to provide a technique
capable of overcoming the drawbacks of the prior art.

It is a further object of the invention to provide a
method and apparatus for adjusting a spatial frequency
of a tomographic image to eliminate an artifact of a 3D
image generated by a marching cubes method.

It is a further object of the invention to provide a
method and apparatus for adjusting a spatial frequency
of a tomographic image to eliminate an artifact of a 3D
image generated by a dividing cubes method.

It is a still further object of the invention to provide a
method and apparatus for convolving tomographic
image with a low-pass filter to remove artifacts from a
3D image derived therefrom.

Briefly stated, the present invention provides a dis-
play system in which data in tomographic images is
convolved with a low-pass filter to reduce the maxi-
mum spatial frequency permitting unique mapping of
surface images to a rasterized display. The filter may
use linear or other weighting. Re-sampling after the
filter is optional. The filtered tomographic data is em-
ployed to determine the locations and normal vectors of
the surface. The locations and normal vector are em-
ployed by a computer graphics processor for applying
shading in relation to the angle between the normal
vector to a surface element and an operator-defined line
of sight to the surface.

According to an embodiment of the invention, there
is provided an imaging system comprising: means for
deriving a mathematical description of a surface of an
object from a plurality of slices of tomographic data, a
computer graphics processor, the computer graphics
processor including means for projecting the surface
onto a shaded rasterized two-dimensional image, means
for displaying the two-dimensional image, means for
convolving the tomographic data with a low-pass filter,
and the low-pass filter having a characteristic effective
for reducing a maximum spatial frequency in the tomo-
graphic data to a value permitting no more than one
surface element of the surface to be projected to one
pixel in the rasterized two-dimensional image.

According to a feature of the invention, there is pro-
vided a method for synthesizing an image comprising:
deriving a mathematical description of a surface of an
object from a plurality of slices of tomographic data,
projecting the surface onto a shaded rasterized two-di-
mensional image, displaying the two-dimensional im-
age, convolving the tomographic data with a low- pass
filter, and the low-pass filter including a characteristic
effective for reducing a maximum spatial frequency in
the tomographic data to a value permitting no more

15

25

30

35

45

50

55

65

4
than one surface element of the surface to be projected
to one pixel in the rasterized two-dimensional image.

According to a further feature of the invention, there
is provided an imaging system comprising: means for
deriving a mathematical description of a surface of an
object from a plurality of slices of tomographic data,
means for projecting the surface onto a shaded raster-
ized two-dimensional image, means for convolving the
tomographic data with a low-pass filter, and the low-
pass filter having a characteristic effective for reducing
a maximum spatial frequency in the tomographic data
to a value permitting no more than one surface element
of the surface to be projected to one pixel in the raster-
ized two-dimensional image.

The above, and other objects, features and advan-
tages of the present invention will become apparent
from the following description read in conjunction with-
the accompanying drawings, in which like reference
numerals designate the same elements.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 is an array of tomographic data to which
reference will be made of the manner in which surface
elements are defined in the present invention.

FIG. 2 is the array of FIG. 1 wherein intersections of
polygonal planes defining the desired surface with sides
of the elements of the array are indicated.

FIG. 3 is a surface derived from the polygonal planes
of FIG. 2.

FIG. 4 is a portion of a scan line of a raster display
showing a displayed pixel and a plurality of possible
vector directions competing for display thereon.

FIG. 5 is a simplified block diagram of a tomographic
surface imaging system according to an embodiment of
the invention.

FIG. 6 is a simplified block diagram of a tomographic
,surface imaging system according to a further embodi-
ment of the invention.

FIG. 7 is a close-up view of a tomographic slice illus-
trating one convolution technique according to the
invention. :

DETAILED DESCRIPTION OF THE
PREFERRED EMBODIMENT

The following description employs the marching
cubes method for deriving a surface description of an
object from tomographic image data. This selection is
for concreteness and should not be seen as limiting the
invention. Other methods such as, for example, the
dividing cubed method may equally serve as part of the
environment for the present invention without depart-
ing from the spirit and scope thereof.

Referring to FIG. 1, there is shown, generally at 10,
a part of a tomographic array consisting of a cubic array
of cubes 12 defined by nodes 14 connected by edges 16.
Each node 14 represents a signal amplitude of a voxel of
tomographic data and each edge 16 represents the dis-
tance from one voxel to its neighbor.

Referring now to FIG. 2, to find an object within
tomographic array 10, each node 14 is tested for its
relationship to a selected threshold value to determine
whether it is above or below the threshold. Then, if two
adjacent nodes 14 are found with one node 14 above,
and the other below, the threshold, the surface of the
object must intersect edge 16 somewhere between them
at a distance which can be scaled according to the rela-
tive signal values. Such intersections 18 are shown as
open circles. Lines 20 joining intersections 18 within a
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cube 12 define a polygonal surface 22. The marching
cubes method describes the manner in which lines 20
may be identified. Each polygonal surface 22 is charac-
terized by its intersections 18 and a unit vector directed
normal to polygonal surface 22.

Referring now also to FIG. 3, the array of polygonal
surfaces 22, isolated from the remainder of tomographic
array 10, together with their coordinates and normal
vectors, are applied to conventional computer graphics
software for shading and display.

Referring now to FIG. 4, a portion of a line 24 of a
conventional rasterized display (not otherwise shown)
includes a pixel 26 onto which one element of the 3D
surface is to be projected by the computer graphics
software. Due to the above-mentioned mismatch be-
tween the number of rows or columns in each slice and
the number of slices, it is possible that more than one
surface element, represented by surface normal vectors
28, 30 and 32, may require projection onto pixel 26. As
previously mentioned, the shading (darkness or color)
of pixel 26 is adjusted according to the angular relation-
ship between the surface normal of an element and a
selected line of sight. With three surface normal vec-
tors, all pointed in different directions, the shading ap-
plied to pixel 26 depends critically on which of surface
normal vectors 28, 30 and 32 is selected for controiling
the shading of pixel 26. As previously noted, failure to
select the correct one produces artifacts in the displayed
image.

Referring to FIG. §, there is shown, generally at 34,
a tomographic imaging system according to an embodi-
ment of the invention. A data acquisition system 36
obtains and processes raw data to produce tomographic
slice data for application on a line 38 to a low-pass filter
40. Data acquisition system 36 may be of any conve-
‘nient type. The filtered row and column data from
low-pass filter 40 is applied on a line 42 to a marching
cubes processor 44. Marching cubes processor 44 calcu-
lates the surface coordinates and surface normal vectors
as previously described and applies the result on a line
46 to a computer graphics processor 48. As is conven-
tional, computer graphics processor 48 calculates and
applies shading to the 3D surface according to the incli-
nation of the surface normal vectors at each displayed
element of the surface. The resulting shaded video is
applied on a line 50 to a conventional display 52.

The spatial frequency of row and column data from
data acquisition system 36 is reduced in low-pass filter
40 to a value such that each surface element derived by
marching cubes processor 44 generally projects to one,
and only one, position. on display 52. That is, the maxi-
mum spatial frequency of the tomographic data is re-
duced to a value permitting no more than one surface
element to be projected to one pixel in the rasterized
image. Thus, the artifacts previously generated by a
computer graphics system employing marching cubes is
eliminated. Since the spatial frequency in the output of
low-pass filter 40 substantially matches the ability of the
computer graphics system to display the 3D image, no
resolution is lost in the process. Any greater spatial
frequency would not enhance the image but, as de-
scribed in the preceding, can create imaging artifacts
which interfere with image interpretation.

Referring now to FIG. 6, a tomographic imaging
system 34’ is the same as that in FIG. 5 except for the
addition of a re-sampler 54 interposed between low-pass
filter 40 and marching cubes processor 44. We have
discovered that, in most cases, re-sampler 54 is not re-
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6

quired, but disclosure of it is included here for com-
pleteness.

The slice data on line 38 is conveniently in digital
form. Accordingly, low-pass filter 40 is preferably a
digital filter capable of convolving the slice data with a
filter to reduce the spatial frequency in its output. We
have discovered that the resuiting improvement is rela-
tively insensitive to the nature of the filter and to the
manner in which filtering is performed.

Referring now to FIG. 7, a technique is shown for
reducing the spatial frequency of an image using a low-
pass filter. Tomographic slice 56 consists of a plurality
of voxel 58 arranged in a rectangular array of rows 60
and columns 62. Each voxel 58 is a digital value repre-
senting a brightness, or other characteristic, of its loca-
tion in tomographic slice 56. The values of all voxels 58
within a window 64 are summed in a predetermined
manner to derive an output value for a center voxel 66.
The output value becomes the value of a voxel 58’ in an
output tomographic slice 56’ having a position corre-
sponding to the center voxel in window 64. Then, win-
dow 64 is stepped a predetermined number of voxels 58
and the process is repeated to determine the output
value for the center voxel then within window 64.

In the illustrative example in FIG. 7, window 64 is
square with three voxels 58 on a side. In a first position
of window 64, shown in solid line, the value of voxel 58’
in output tomographic slice 56', in a position corre-
sponding to voxel 58 in row 2 and column 2 of tomo-
graphic slice 56, is evaluated by summing the values of
voxels 58 in rows 1-3 and columns 1-3. The sum is then
normalized and the result is ascribed to the row-2 co-
lumn-2 voxel 58’ in output tomographic slice 56’'. Next,
window 64 is stepped one voxel 58 to right and the
process is repeated to evaluate the output voxel 58’ at
row 2, column 3. Upon completion of the convolution
of the entire tomographic slice 56, output tomographic
slice 56’ contains the same number of voxels 58’, but
with a spatial frequency reduced in accordance with the
size of window 64 and the weighting applied to the
values of surrounding voxels 58.

In one embodiment of the invention, linear weighting
is employed. That is, the values of all nine voxels 58 in
window 64 are summed and the result divided by 9 to
produce the final value for the voxel 58 being calcu-
lated. Other window sizes and weighting functions
could be applied and would have predictable effects on
the spatial frequency of the result. For example, the
values of voxels 58 outside the central voxel 58 may be
weighted with a Gaussian, exponential or triangular
function depending upon its distance along a row or
column from the central voxel 58. Alternatively,
weighting may be applied according to the diagonal
distance between voxels 58. As noted above, we have
found the choice of a particular weighting function, as
long as it approximates a low-pass filter, has little effect
on the displayed 3D image.

One skilled in the art, having the present specification
for reference, would be fuily enabled to identify the
filter characteristic desired for a particular application.

Performing the convolution in the manner detailed
above requires M 2XN 2 computations, where M is
the row or column dimension of window 64 and N is the
number of rows or columns in tomographic slice 56
(assuming equal numbers of rows and columns). We
have discovered that comparable results can be
achieved, with a reduction in computations to
2X(N 2xM) by first convolving the rows and then
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convolving the columns in each slice. That is, the size of
window 64 is reduced to one vozxel high by three vozxels
long. The values of all voxels 58 are then evaluated in a
first pass moving along rows 60. The resulting values
are then further modified using a window 64 one voxel
wide by three voxels high, with motion in vertical steps
along columns 62.

We have found that display of the resulting filtered
data can be performed without requiring re-sampling.
However, it will be recognized that the spatial fre-
quency of the filtered data is reduced by the amount
determined by the filter response. If, for example, the
original maximum spatial frequency was 10 KHz and
the spatial frequency was reduced by a factor of two by
the filter, the maximum spatial frequency in the filtered
data is reduced to 5 KHz. Whereas the original sam-
pling frequency to capture data up to 10 KHz is 20
KHz. For example, if it is desired to resampie data origi-
nally sampled at twice the new sampling frequency,
such resampling can be done by discarding every sec-
ond data item, without destroying data in the result.

Having described preferred embodiments of the in-
vention with reference to the accompanying drawings,
it is to be understood that the invention is not limited to
those precise embodiments, and that various changes
and modifications may be effected therein by one skilled
in the art without departing from the scope or spirit of
the invention as defined in the appended claims.

What we claim is:

1. An imaging system comprising:

means for deriving a mathematical description of a

surface of an object from a plurality of slices of
tomographic data;

a computer graphics processor;

said computer graphics processor including means

for projecting said surface onto a shaded rasterized
two-dimensional image;

means for displaying said two-dimensional image;

means for convolving said tomographic data with a

low-pass fiiter; and

said low-pass filter having a characteristic effective

for reducing a maximum spatial frequency in. said
tomographic data to a value permitting no more
than one surface element of said surface to be pro-
jected to one pixel in said rasterized two-dimen-
sional image.

2. An imaging system according to claim 1, wherein
said means for deriving a mathematical description
includes means for employing a marching cubes
method.
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3. An imaging system according to claim 1, wherein
said means for deriving a mathematicai description
includes means for employing a dividing cubes method.

4. An imaging system according to claim 1 wherein
said characteristic includes a linear characteristic.

5. An imaging system according to claim 1 wherein
said characteristic includes a gaussian characteristic.

6. An imaging system according to claim 1, wherein
said means for convolving includes:

means for inputting at least one input slice of tomo-

graphic data;

means for outputting an output slice of tomographic

data derived from said input slice; and

means for assigning a valuee to each pixel of said out-

put slice derived from a first weighted value of a
corresponding voxel of said input slice, plus second
weighted values of a predetermined neighborhood
of vozxels in said input slice.

7. An imaging system according to claim 6 wherein
weights in deriving said first and second weighted val-
ues are equal.

8. An imaging system according to claim 6 wherein
weights in deriving said first and second weighted val-
ues are related by a non-linear function.

9. A method for synthesizing an image comprising:

deriving a mathematical description of a surface of an

object from a plurality of slices of tomographic
data;

projecting said surface onto a shaded rasterized two-

dimensional image;

displaying said two-dimensional image;

convolving said tomographic data with a low-pass

filter; and

providing said low-pass filter with a characteristic

effective for reducing a maximum spatial frequency
in said tomographic data to a value permitting no
more than one surface element of said surface to be
projected to one pixel in said rasterized two-dimen-
sional image.

10. An imaging system comprising:

means for deriving a mathematical description of a

surface of an object from a plurality of slices of
tomographic data;

means for projecting said surface onto a shaded rast-

erized two-dimensional image;

means for convolving said tomograhic data with a

low-pass filter; and

said low-pass filter having a characteristic effective

for reducing a maximum spatial frequency in said
tomographic data to a value permitting no more
than one surface element of said surface to be pro-
jected to one pixel in said rasterized two-dimen-

sional image.
* * * * *



UNITED STATES PATENT AND TRADEMARK OFFICE
CERTIFICATE OF CORRECTION

PATENT NO. : 4,831,528
DATED : May 16, 1989
INVENTOR(S) : Carl R. Crawford and William E. Lorensen

It is certified that error appears in the above-identified patent and that said Letters Patent is hereby
corrected as shown below:

col. 6, line 62, the eguation "M 2XN 2" should read --M"2XN"2 --.

Col. 6, line 68, the equation "oX (N 2XM)" should read —=2X(N"2XM)--.

Signed and Sealed this

Twentieth Day of November, 1990

Attest:

HARRY F MANBECK. JR.

Artesting Officer

Commissioner of Patents and Trademarks




